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Multipath Effects in Ultrawideband Rake Reception
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Abstract—Rake reception can improve system performance
significantly in wideband multipath channels. Its practical imple-
mentation, however, becomes prohibitively expensive in channels
with dense multipath, such as the ultrawideband (UWB) channel.
This paper investigates the effect of various system and envi-
ronment parameters on rake performance, with emphasis on
the amount of multipath and channel bandwidth. The treatment
includes hybrid selection/maximal-ratio combining (H-S/MRC)
and unordered, partial combining rake architectures, and is based
on indoor channel measurements in the FCC-allocated UWB
frequency range (3.1–10.6 GHz). The diversity gain is shown to
follow the law of diminishing returns with the rake complexity.
It is demonstrated that the rake can extract most of the incident
signal power by combining only a subset of the resolved multi-
path components. The required number of rake fingers increases
linearly with the number of resolved paths but sublinearly with
the channel bandwidth. The characterization of the interplay
of bandwidth, amount of scattering and rake complexity will
facilitate efficient implementation of UWB systems.

Index Terms—Diversity combining, hybrid selection/max-
imal-ratio combining (H-S/MRC), indoor propagation, multipath
fading, rake receiver, ultrawideband (UWB).

I. INTRODUCTION

I NDOOR wireless communications channels typically expe-
rience significant multipath propagation [1]. A conventional

narrowband system lacks the temporal resolution required to
separate the closely arriving paths and detects the combined en-
velope as a single faded signal. Multipath resolution, however,
increases as the bandwidth increases. An ultrawideband (UWB)
system is therefore capable of resolving individual multipath ar-
rivals with pathlength differences on the order of centimeters
[2]. Consequently, a UWB system is less prone to multipath
fading, with a significantly reduced small-scale fade range. Fur-
thermore, UWB can exploit the multipath with rake combining
[3] to boost the post-detection signal-to-noise ratio (SNR) at the
receiver with the same transmit power, reducing the probability
of outage. As UWB signals must obey the regulatory limits on
power emission [2], this reception scheme can improve the link
quality and extend its range [4].
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A rake receiver consists of multiple branches, or fingers, that
track individual multipath components (MPCs). The MPCs
generally have unequal average SNRs. The finger outputs are
combined using linear or decision-oriented diversity combining
schemes. Two popular examples of linear diversity combining
are selection combining (SC) and maximal-ratio combining
(MRC) [3]. The optimal MRC rake, that combines all resolved
paths, offers the highest SNR gain. MRC emphasizes the paths
with the highest SNR, maximizing the output SNR provided
those paths fade independently. A full-band UWB system
spanning a 7.5 GHz bandwidth and operating in a rich scat-
tering environment can often resolve over a hundred incident
paths [5]. An MRC rake with such a large number of fingers
is, however, impracticable with the current device technology.
Suboptimal rake reception with hybrid selection/maximal-ratio
combining (H-S/MRC), sometimes also referred to as general
selection combining (GSC) [6] or selective rake (SRake) [7],
offers a flexible alternative as it allows a tradeoff between
complexity and performance by combining only a subset of the
resolved paths [8], [9].

There has been considerable research on wideband and ul-
trawideband rake reception in recent years. Computationally
efficient path selection algorithms for minimum mean-square
error (MMSE) rake were presented in [10]. The effect of the
number of resolved paths and bandwidth on reduced-complexity
rake symbol-error probability (SEP) was determined analyti-
cally in [7], [9], [11]. Semi-analytical evaluation of UWB rake
performance was performed using a statistical tapped-delay-line
channel model in [12] and with a sparse channel assumption in
[13]. An optimal spreading bandwidth was shown to exist for
a rake with a given complexity in Rayleigh and Nakagami-
fading channels in [14], [15]. The SNR improvement as a func-
tion of rake complexity was obtained from UWB channel mea-
surements in [16].

Several other rake implementations, optimized for specific
channel conditions, have been presented. Generalized rake
combining with maximum likelihood (ML) [17], and optimum
combining with MMSE [18] and eigencanceler [19] imple-
mentations were proposed to combat narrowband or multiuser
interference in wideband channels. Noncoherent rake tech-
niques were presented for spread-spectrum systems in [20],
while [21] proposed a noncoherent receiver for unresolvable
paths. A hybrid adaptive MMSE rake and multiuser receiver
for UWB communications was proposed in [22]. A scheme to
tackle inter-symbol interference alongside rake reception for
UWB channels was presented in [23]. Suboptimal UWB rakes
with square-law combining (SLC) and MRC were compared
in [24]. The performance of a coherent rake was found to
be similar to an adaptive differential detector in [25]. It was
concluded in [26] that imperfect channel estimation does not
incur an appreciable penalty on a coherent rake, and also that a
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Fig. 1. Indoor propagation environment and measurement configuration. The measured links are defined by the T R antenna pair, i = f1; . . . ; 4g.

fractionally-spaced rake outperforms a chip- or symbol-spaced
rake. Antenna diversity was proposed as a means of reducing
the required rake receiver complexity in [27] and [28].

This paper presents experimental results on the performance
of optimal and suboptimal rake reception in indoor UWB chan-
nels. It provides a direct characterization of the relationship
between the spreading bandwidth, number of resolved MPCs,
rake complexity, diversity gain and bit-error probability. To our
knowledge, the interplay of these parameters has not been in-
vestigated in detail. Following the nomenclature in [29], the di-
versity gain is defined in this paper in terms of the average im-
provement in received signal power, with the advantage that the
results are independent of the signaling format. The analysis
is based entirely on measured indoor line-of-sight (LOS) and
non-line-of-sight (NLOS) channels, without relying on any the-
oretical channel models. Probabilistic representation is used to
include the effect of channel-specific small-scale fading where
required. A comparison of H-S/MRC (or selective rake) and
PMRC (or partial rake) performance is made to determine the
advantage of tracking some of the strongest paths, which has a
bearing on receiver complexity. The variation in the rake output
as a function of spreading bandwidth and number of resolved
paths is assessed, and the optimal number of fingers required
to capture a given percentage of the incident power is deter-
mined. The analysis culminates with semianalytical evaluation
of the rake bit-error rate and its variation with the number of
fingers and channel bandwidth. This comprehensive characteri-
zation offers valuable insight into rake receiver performance in
real UWB channels, and provides simple and practical metrics
for UWB communications system design.

II. CHANNEL MEASUREMENTS

Coherent channel measurements in the UWB band are per-
formed in an indoor office environment, as shown in Fig. 1. A
vector network analyzer (VNA), interfaced with a computer, is
used for this purpose. The band between and

(bandwidth ) is
sounded at discrete, equidistant frequency points,
with frequency resolution .
Using low-loss RF cables, the VNA output port is connected
to the transmitting antenna, and the input port to the receiving
antenna through a wideband low-noise amplifier (LNA) with
30 dB gain. In this experiment, the channel is considered to
be inclusive of the antennas. Therefore, the antennas are dis-
connected during end-to-end calibration of the equipment that
removes frequency-dependent attenuation and phase distortion.
The complex transmission response of the channel is
measured. The propagation environment consists of two small
office rooms with block walls and several wooden and metallic
objects. A number of reflective surfaces of various sizes are
present, rendering the environment rich in multipath. Both LOS
and NLOS scenarios are measured. The blockage for NLOS is
created by placing a large block of RF-absorbant material ver-
tically in the direct propagation path at a distance of 1 m from
the transmitter, while the other aspects of the environment are
kept identical to those in the LOS scenario. The physical space
of the measurement is kept stationary throughout the duration
of the experiment.

Two identical omnidirectional antennas, with discone con-
struction and return loss well below 10 dB in the UWB band,
are used to conduct the measurement [30]. The antennas are
placed 1.5 m above the floor with their electric fields polarized
vertically. Four sets of data are collected within the two rooms.
In each measurement, the transmitting antenna is fixed at the
point indicated in Fig. 1, while a computer-controlled planar
positioning grid is used to position the receiving antenna at 900
individual points within a 1 area, with 0.03 m spacing to
allow sufficient decorrelation of the channel responses. The dis-
tance between the transmitting antenna and the center of the grid
is 4.5 m in one room and 2.5 m in the other. In this manner, a
total of 3600 LOS channel realizations and an equal number of
NLOS realizations are obtained.
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A single realization of the measured complex channel transfer
function can be represented by

(1)

where and are the magnitude and phase responses at the
th frequency component. The corresponding complex impulse

response (CIR) of the channel is related to the transfer function
through the Fourier transform, and can be expressed using a
tapped delay line representation as

(2)

where and are the magnitude and phase responses in the
th time-bin, is the time resolution, and is the

number of resolvable timebins in the CIR. The variable repre-
sents the time delay with reference to the time-of-arrival of the
first MPC. The CIR is then power-normalized with respect to its
norm to remove signal attenuation due to large and small scale
fading, which is not relevant here, to obtain

(3)

where is the number of resolved MPCs, and , and
represent the magnitude, phase and time delay of the th MPC.

From the inspection of individual CIRs obtained from our
measurements, it is found that the received signal reaches a
constant level at approximately 30 dB below the amplitude of
the strongest path, and no significant multipath arrivals can
be detected beyond this point. Thus, to remove the noise with
an adequate margin, a 20 dB threshold is used with respect
to the strongest signal in the CIR. After removing the noise
and residual signal that falls below the threshold, the MPCs
are identified by local maxima detection across the time-bins.
The magnitude, phase and delay information of the individual
MPCs in each CIR within the measurement ensemble is used
for subsequent rake performance analysis.

III. RAKE RECEIVER MODEL

When a UWB signal waveform, , propagates through a
frequency-selective channel, , the signal

(4)

reaches the receiver, where is the additive
white Gaussian noise. A rake receiver with linear diversity com-
bining, shown in Fig. 2, integrates the power from the resolved

Fig. 2. A coherent rake receiver with L fingers and finger weight vectorw =
[w ; . . . ; w ].

paths by appropriately weighting and combining the co-phased
copies of the received signal in each of its fingers [3]. In the
general form, its output can be represented by

(5)

where is the weighting factor for the th finger, is the
magnitude of the corresponding path, and is the number of
incident MPCs. Under the constraint , we have

for equal gain combining (EGC), while for max-
imal-ratio combining (MRC), . In this paper, we will
only consider MRC rake systems, as they provide the upper
bound on linear-combining rake performance. The MPC SNRs
are represented by . In the selective rake configu-
ration, the paths are ordered on the basis of SNR prior to com-
bining, given by , where .
We consider the following rake configurations.

A. Maximal-Ratio Combining

In this paper, we refer to an ideal rake receiver, or the all-rake,
simply as an MRC rake. Such a rake can, by definition, com-
bine all of the incident paths and therefore possesses sufficient
fingers. With weighting factors , it yields a signal with
output SNR given by

(6)

B. Selection Combining

An SC rake has only one finger, i.e. . It processes all
resolved paths and selects the one with the highest SNR, such
that its output SNR is

(7)
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C. Hybrid-Selection/Maximal-Ratio Combining

Combining a large number of MPCs can result in an unnec-
essarily complex receiver. The complexity arises from the esti-
mation of the channel parameters, viz. the multipath delays and
gains, not known a priori in a realistic fading channel [36]. A
reduced-complexity -finger rake configuration uses H-S/MRC
to combine the strongest paths after weighting them according
to their SNRs. The rake output SNR is then

(8)

D. Partial Maximal-Ratio Combining

Another suboptimal combining scheme with lower com-
plexity than H-S/MRC is partial combining or PMRC. It also
uses weighted path integration, similar to MRC, but does not
order the paths according to their SNRs, reducing the channel
estimation complexity associated with detecting and tracking
the strongest paths. Its output SNR is given by

(9)

The relative magnitudes of the MPCs, , determine the
amount of additional power that can be captured from them.
Also, the multipath fading correlation determines the achievable
multipath diversity gain and fade mitigation, as is well-known
from the perspective of diversity combining system perfor-
mance in correlated fading channels [31]. If the noise is uniform
across all the MPCs, as can be reasonably expected, the com-
parative analysis of path power can instead be treated in terms
of the path SNRs. The receiver SNR influences the probability
of outage, bit-error rate, and channel capacity.

IV. RAKE PERFORMANCE ANALYSIS

In this section, we investigate in detail the performance of
a UWB rake system. Our analysis is based on the achievable
multipath diversity gain and bit-error rate (BER) improvement.

A. Diversity Gain

In order to assess the PMRC and H-S/MRC rake perfor-
mance, we define the rake diversity gain as the ratio of the rake
output SNR to the SNR of an arbitrarily chosen single MPC.
The latter is taken in this analysis as the first arriving MPC,
after noise and propagation delay removal, so that the rake
diversity gain can be given by

(10)

where for a given rake configuration is defined according
to Section III. This is consistent with [29], where the diver-
sity gain is defined as the increase in the received power due
to the diversity system, which corresponds to SNR gain when
the noise is uncorrelated and zero-mean Gaussian distributed.

Fig. 3. The diversity gain of the L-finger H-S/MRC rake.

PMRC and H-S/MRC rake reception is applied individually
to each CIR in the measurement ensemble to calculate the di-
versity gain. Note that if , we extend (6)–(9) to assign

. The statistics of , such as its cumu-
lative distribution function (CDF), , are estimated over
this ensemble. Fig. 3 shows of the H-S/MRC rake for
some selected values of the number of fingers, . An increase
in leads to an increase in the rake output SNR and conse-
quently the diversity gain, but the fractional gain per finger di-
minishes at large . At 1% outage probability, the difference
between and for the H-S/MRC rake is 1 dB in
LOS and 2 dB in NLOS. Fig. 3 also suggests that the diversity
gain variance decreases with , and the CDFs become steeper
in general. The reason for this reduced variance is the increased
multipath diversity at large and the consequent averaging of
the set of independent fading processes at each finger.

We now evaluate the mean and standard deviation of .
Also of practical interest is the outage diversity gain, usually
considered at 1% outage or 99% system reliability [29]. All of
these quantities are plotted in Fig. 4 as functions of . A com-
parison of H-S/MRC and PMRC rakes allows an evaluation of
the benefit from path selection on the basis of SNR. It is ob-
served that an SC rake (H-S/MRC rake with ) provides
1 dB SNR gain in the LOS channel and 12 dB in the NLOS
channel on average. At 1% outage, these values are 0.8 dB and
3.5 dB respectively. As the SNR of the PMRC rake with
is the reference point, for this rake we have . An in-
crease in is accompanied by a sharp increase in for the
H-S/MRC rake, but the fractional gain saturates as increases.
The decline in the fractional gain is well known for diversity
combining systems, due to which suboptimal implementations
find favor in practical systems. From the figure, the diversity
gain of an H-S/MRC rake at 1% outage is 4 dB in LOS and
9 dB in NLOS asymptotically in large . We emphasize that
the precise values depend on the measurement environment,
CIR noise threshold, and other factors. It can be observed that

as . From these results, we
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Fig. 4. Statistics of the diversity gain,� , of H-S/MRC and PMRC rake receivers as a function of the number of fingers, L. (a) At the mean and 1% outage levels
and (b) standard deviation.

can infer that a selective rake with realistic complexity offers
substantially higher performance than a partial rake, but at the
cost of the complexity associated with real-time path selection.
Environments with temporally clustered multipath [32] can thus
severely degrade the performance of a low-order PMRC rake, as
the energy of the late-arriving strong MPCs is not captured with
such a receiver. Its performance, therefore, is strongly depen-
dent on the scattering environment and the extent of multipath
propagation. Our results extend the previously reported conclu-
sions drawn analytically for wideband Gaussian and Rayleigh
fading channels [9], [33].

Fig. 4(b) shows that the standard deviation of for
H-S/MRC decreases monotonically in , while that for PMRC
has a peak in the region . The latter is due to the
relative stability of the direct path power (captured by the first
finger, ) but power variation in the following MPCs. In
each case, the standard deviation approaches 0 asymptotically
in , i.e., converges to a deterministic value as .

B. Dependence on Bandwidth

So far we have evaluated the rake performance over the en-
tirety of the FCC UWB band (3.1–10.6 GHz). The effect of
bandwidth variation is investigated next. To this end, spectral
sections from the measured channel data are used to generate
subchannels with reduced bandwidth , similar to the
approach in [34]. For fair comparison, the center frequency, ,
and the number of frequency points, , are kept constant, and

is also constant. If represents the number of resolved
MPCs at , then in general, when , as band-
width reduction lowers the multipath resolution. Consequently,
multipath fading increases as is reduced [34], and rake per-
formance is also directly affected. A comprehensive analysis of
the interplay between , , , and for the H-S/MRC rake
follows in this section.

For a given channel with bandwidth , the diversity gain
is calculated using (10). Fig. 5 shows the variation of the 1%

outage diversity gain with for various values of . Surpris-
ingly, is not a monotonic function of . For a narrowband
(single-tap) channel, does not vary appreciably with since
an increase in the number of fingers cannot capture much ad-
ditional power on account of the lack of multipath resolution.
In a multipath channel, increases with , and therefore
an H-S/MRC rake with provides better performance
than an SC rake in the wideband channel. However, as in-
creases further, starts to decrease after reaching its peak at
some bandwidth . Physically, increases with when

; at , most of the incident multipath has been
resolved, and a further increase in yields a much reduced
increase in . On the other hand, as increases, the channel
energy gets distributed among a larger number of taps. A single
rake finger, with capture time , cannot therefore capture all of
the dispersed energy. The consequence is that as increases,
the energy captured by a suboptimal rake with a given number
of fingers decreases. This behavior is indicated by the negative
slope of in Fig. 5. Similar behavior is observed in the
NLOS channel. This result, and its physical reasoning, agrees
with and extends the earlier observation of an optimal spreading
bandwidth that minimizes the bit-error rate [15].

In view of this relationship, we can expect that there is an op-
timal bandwidth , corresponding to a given , which offers
the best rake complexity—power capture tradeoff. To investi-
gate this, the number of H-S/MRC rake fingers, , required
to capture of the incident power is calculated and its rela-
tionship with is investigated for , 90, 50 in Fig. 6. It
can be observed that , like , is a nonlinear function of

, reaching its peak at a certain bandwidth, after which it sat-
urates. From the figure, a rake with 10 fingers can capture half
of the incident power at any bandwidth, but larger is required
for larger . For a rake with given complexity, there appears
to be no gain from increasing the bandwidth beyond a certain
optimal bandwidth, as the more dominant of the incident MPCs
are already substantially resolved. For a given , the variance
of over the channel ensemble is larger in NLOS than in
LOS, and also increases with .
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Fig. 5. The 1% outage diversity gain of the L-finger H-S/MRC rake as a func-
tion of channel bandwidth in the LOS channel.

Fig. 6. Number of H-S/MRC rake fingers, L , required to capture X% of
the incident power in the LOS channel. The solid lines and error bars represent
the mean and standard deviation of L .

C. Dependence on Number of Paths

Next, the relationship between , and is evaluated
while keeping the bandwidth constant at 7.5 GHz. For this pur-
pose, the number of MPCs in each CIR in the measurement en-
semble is detected, and the diversity gain of the rake is evalu-
ated. Fig. 7 shows the variation of with for some represen-
tative values of , where the scatter points signify the observed
values and the solid lines show the best-fit linear regression. As
the number of resolvable MPCs in the CIR increases, also
generally increases. It is observed that is not affected by
for the SC rake, while for more complex rakes, has a
positive slope that also increases with . Thus we conclude that
the diversity gain increases with the amount of scattering in the
channel if the rake is complex enough to capitalize on the in-
creased multipath.

This now leads us to the characterization of , as a function of
, required to capture of the multipath power. From Fig. 8,

Fig. 7. Diversity gain of the L-finger H-S/MRC rake as a function of the
number of paths at bandwidth W = 7:5 GHZ in the LOS channel.

Fig. 8. Number of H-S/MRC rake fingers required to capture the specified per-
centage of the incident multipath power at bandwidth W = 7:5 GHz in the
LOS channel.

has a linear relationship with . The positive regression
provides an approximate figure for the percentage of resolved
paths that must be combined. Thus, from our measurement data,
10%, 45% or 90% of the resolved paths must be combined if it is
desired to capture 50%, 90% or 99% of the power, respectively,
in the LOS channel, while the NLOS channel requires slightly
greater rake complexity.

D. Error Rate Improvement

It has been established in this paper that significant SNR en-
hancement is obtained at the detector as a result of rake recep-
tion. As BER is a monotonically decreasing function of SNR,
rake reception improves the BER by means of its diversity gain.
We now evaluate the error performance of the H-S/MRC rake
using the semianalytical approach with measured channels. The
system BER can be obtained by averaging the BER conditioned
on the received instantaneous SNR per bit at the rake output,
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Fig. 9. Error performance of the L-finger H-S/MRC rake at 10 dB SNR in the
LOS channel.

, over the probability density function (PDF), ,
of , for the th realization, i.e.,

(11)

Assuming binary antipodal modulation, we have [35]

(12)

where is the Marcum Q function, is the
symbol SNR, and is the instantaneous output SNR
of the -finger H-S/MRC rake normalized with respect to

. Fig. 9 shows the rake BER performance for various
and , where , and is normalized to

to compare the trends. At large , an
increase in leads to an BER improvement due to greater
capture of the incident multipath power distributed among the
channel taps. An increase in from 1 to 5 reduces the BER
by an order of magnitude when . The BER
performance of the -finger rake improves as the bandwidth
increases, for reasons explained earlier in the paper.

V. CONCLUSION

This paper has analyzed the impact of the multipath propaga-
tion environment on the performance of a UWB rake receiver.
The SNR improvement due to optimal and suboptimal rake re-
ceivers has been studied in measured UWB channels. The in-
cremental rake improvement is found to fall rapidly with an
increase in the number of fingers, validating earlier theoretical
predictions based on simple channel models. The diversity gain
of unordered, or partial, combining asymptotically approaches
that of selective rake combining, but the performance difference
is large with realistic complexity especially in NLOS channels.
As the bandwidth, , increases, the outage diversity gain of

the H-S/MRC rake also increases first, reaching its peak and
then diminishing, indicating that a certain optimal bandwidth is
associated with a rake operating in a given environment. As
increases, the required number of fingers, , increases to a cer-
tain point and then becomes constant. From the measurements,
to capture 90% of the incident multipath-dispersed power in the
UWB channel, about 5 fingers are sufficient at ,
but over 40 fingers are required beyond 4 GHz. The diversity
gain increases linearly with the number of MPCs, , and the
slope increases with . A linear relationship is also observed
between the incident and the required to capture a given
percentage of the power. From the experimental analysis in this
paper, combining 45% of the paths yields 90% of the incident
power at . The bit-error rate results show that the
system performance improves from using a higher-order rake at
large bandwidth. The analysis in this paper has provided prac-
tical metrics for the design of UWB systems that can be easily
tailored to a given set of channel conditions and performance
requirements.
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